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The aim of this corrigendum is to fix or complete some parts of the article.

I. The part between formula (1) and the sentence “Let us denote by B . . . ”
needs to be changed to

Let us fix a sequence (xn)n≥0 dense in (0, 1] and define the sequence z =
(zn)n≥0 by

z0 = x0, z4` = z4`+1 = · · · = z4`+1−1 = x`, ` = 0, 1, 2, . . .

II. The definition of the operator Tzf (p. 958) should use gn−k instead of gn.

III. The original Theorem 1.2 should be replaced by

Theorem 1.2. Let B and Tz be as above.

(i) For any nonzero f ∈ B the function g = Tz[f ] is Besicovitch.

(ii) The operator Tz is linear, bounded and

Tz[B] ⊆ C([0, 1])

is an infinite dimensional Banach space in which each function (but the zero
function) is Besicovitch.
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IV. The original Lemma 3.4 should be replaced by

Lemma 3.4. Let g =

∞∑
n=0

sngn be a function given by (1) such that (sn)n =

o(n) for n→∞. Let x ∈ [0, 1] be a point of infinite category with the corresponding
nested sequence of L-segments (rnmn,pn = (αn, βn))

∞
n=1. If for some δ 6= 0 and

infinitely many k’s,

(12) (originally (2)) sk = sk+1 = sk+2 = sk+3 = · · · = s2k−1 = δ,

then for each sufficiently large k fulfilling (12),

• g(αk) = g(βk) ≤ g(x) ≤ g((αk + βk)/2) if (−1)kδ > 0 and

• g((αk + βk)/2) ≤ g(x) ≤ g(αk) = g(βk) if (−1)kδ < 0.

Proof. We will assume that k is even and δ positive. The proof of the three
remaining possibilities is analogous. We use Lemma 3.3 to express the function g
at a point x as g(x) = Ak−1

0 +Ak+3
k +A∞k+4, where

Aj
i =

j∑
n=i

(−1)nsn
2pn+1 − 1

2m1+···+mn+1
.

The construction of the functions gn gives for each k, g(αk) = g(βk) = Ak−1
0 and

g((αk + βk)/2) = Ak−1
0 +

sk
2m1+···+mk

= Ak−1
0 +

δ

2m1+···+mk
,

so it is sufficient to show that

(13) (originally (3)) 0 ≤ Ak+3
k − |A∞k+4| ≤ Ak+3

k + |A∞k+4| ≤
δ

2m1+···+mk
.

We know that mn ≥ 1 and 1 ≤ pn ≤ 2mn−1 for each n. It implies

(14) (originally (4))
1

2mn
≤ 2pn − 1

2mn
≤ 1− 1

2mn
.

Using (12) and denoting A = 1/2m1+···+mk+3 we can write

(originally (5)) |A∞k+4| ≤ 2A

[
2k−1∑
n=k+4

δ

2mk+4+···+mn+1
+

∞∑
n=2k

|sn|
2mk+4+···+mn+1

]

= 2A

[
2k−1∑
n=k+4

δ

2mk+4+···+mn+1
+

∞∑
n=2k

|sn|
n

n

2mk+4+···+mn+1

]
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≤ 2A

[
δ

2
+

∞∑
n=2k

|sn|
n

n

2n−k−2

]

= 2A

[
δ

2
+ 2k+2

∞∑
n=2k

|sn|
n

n

2n

]
= (♠);

Since (sn)n = o(n) for n → ∞, we can choose k0 so large that
|sn|
n

<
δ

2
for each

k > k0 and n ≥ 2k

(♠) ≤ 2A

[
δ

2
+
δ

2
2k+2

∞∑
n=2k

n

2n

]
= 2A

[
δ

2
+
δ

2

2k + 1

2k−3

]
= (♣);

we can choose k1 > k0 so large that
2k1 + 1

2k1−3
< 1. Then for each k > k1 we obtain

(♣) = 2A

[
δ

2
+
δ

2

2k + 1

2k−3

]
< 2Aδ =

δ

2m1+···+mk+3−1
.

Summarizing, for each k > k1 we have the inequality

B · |A∞k+4| ≤
δ

2mk+1+mk+2+mk+3−1
,

where we have put B = 2m1+···+mk

Using our assumption on the values sk = sk+1 = sk+2 = sk+3 = δ and (12),
we get

B ·Ak+3
k ≥ sk − sk+1

2mk+1
+

sk+1

2mk+1+mk+2
+

sk+2 − sk+3

2mk+1+mk+2+mk+3
+

+
sk+3

2mk+1+mk+2+mk+3+mk+4
=

δ

2mk+1+mk+2
+

δ

2mk+1+mk+2+mk+3+mk+4

hence

BAk+3
k −B|A∞k+4| ≥

≥ δ

2mk+1+mk+2
+

δ

2mk+1+mk+2+mk+3+mk+4
− δ

2mk+1+mk+2+mk+3−1
≥ 0.

This shows the leftmost inequality in (13). We have shown in the above in-
equalities that BAk+3

k ≥ Ak+3
k ≥ 0. Using (12) we obtain after some standard

computation

BAk+3
k ≤ δ(1− 1

2mk+1
) +

δ

2mk+1+mk+2
(1− 1

2mk+3
) =

= δ(1− 1

2mk+1
+

1

2mk+1+mk+2
− 1

2mk+1+mk+2+mk+3
)
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hence

BAk+3
k +B|A∞k+4| ≤ δ(1−

1

2mk+1
+

1

2mk+1+mk+2
− 1

2mk+1+mk+2+mk+3
+

+
1

2mk+1+mk+2+mk+3−1
) ≤ δ

and the rightmost inequality in (13) follows. This proves the conclusion of the
lemma.

V. In the original Proposition 4.2:
the assumption (sn)

∞
n=0 a nonzero admissible sequence should be replaced by

(sn)n≥0 = o(n) for n → ∞, assume that for some δ 6= 0 and infinitely many
k’s,

(originally (9, 10)) sk = sk+1 = sk+2 = sk+3 = · · · = s2k+1 = δ.

and Lemma 3.4 applies.
VI. In the proof of Theorem 1.2(i):

If f ∈ B is nonzero, then the sequence (sn = f(zn))
∞
n=0 satisfies the assumptions

of both Propositions 4.1 and 4.2 hence g = Tz[f ] is Besicovitch.
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